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Abstract

Central Thesis: Graph connectivity o determines quantum decoherence rate y via v =
X Yink When environmental noise couples to edges rather than nodes. The icosahedron (« =
5) has lower connectivity than the cubic lattice (o« = 6), predicting 20% longer coherence
time: 75/7¢ = 6/5 = 1.20. This ratio is testable in neutral atom arrays with engineered
bond noise.

Derivation: We derive v « a from a bond-coupled bath Hamiltonian under explicit
assumptions: Born-Markov (A1), secular (A2), identical edge baths (A3), and uncorrelated
noise (A4). Numerical simulation confirms the ratio at 2% accuracy.

Experimental Test: We propose comparing icosahedral and cuboctahedral 12-atom
configurations in optical tweezers. Error budget analysis shows the predicted 20% difference
exceeds estimated uncertainty by a factor of 7.

Geometric Foundation: The icosahedron is selected by group theory (As is the unique
maximal finite SO(3) subgroup with complex conjugate 3D irreps) and energy minimization
(Thomson problem for N = 12).
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1 Introduction

1.1 The Core Question

Can discrete geometry determine quantum decoherence rates? This paper answers yes, with a
specific, falsifiable prediction.

1.2 The Central Argument

The logical chain is:

1. Geometry determines connectivity. The icosahedron has coordination number o = 5
(each vertex has 5 neighbors). Cubic lattices have o = 6.

2. Connectivity determines decoherence rate. When environmental noise couples to
edges (the links between qubits) rather than nodes, the decoherence rate at each node
scales with the number of incident edges: v; = a; X Vink-

3. Decoherence rate determines coherence time. Since 7 « 1/7, lower connectivity
yields longer coherence: 75/76 = v6/75 = 6/5 = 1.20.

The prediction: Quantum systems with icosahedral geometry maintain coherence 20%
longer than systems with cubic geometry.
1.3 Why the Icosahedron?

Two independent arguments select the icosahedron:

e Group theory (Section [3)): As is the unique maximal finite subgroup of SO(3) admit-
ting complex conjugate 3D irreducible representations. The icosahedron is the minimal
realization of As symmetry.

e Energy minimization (Section [3): The icosahedron is the unique solution to the Thom-
son problem—the minimum-energy configuration of 12 identical charges on a sphere.

1.4 Paper Structure

Section Content Status
2 Holographic motivation (optional context) [L2]
3 Group theory: why As and N = 12 [L1]
4 Two-layer geometry: code (v = 5) vs. emergent (a = 6) [L2]
5 Lindblad derivation: vy < « [L2]
6 Numerical validation: ratio = 1.22 (2% from prediction) [L2]

7-8 Supporting material (code distance, entanglement) [L1-L2]
9 Experimental proposal with error budget [L2]
10 Comparison with other approaches —
11 Epistemic status summary —
12 Discussion and outlook (speculative extensions) [L3]

Reading guide:
e Core argument (essential): Sections 1, 3-7 (derivation — simulation — experiment)
e Broader context (optional): Section 2 (holographic motivation)

e Speculative extensions: Section 11, Appendix C (clearly marked [L3]/[L4])



1.5 Epistemic Hierarchy
This paper explicitly labels the confidence level of each claim:
[L1] Proven: Rigorous mathematical theorems (e.g., As uniqueness)
[L2] Derived: Follows from stated physical assumptions (e.g., 7-ratio)
[L3] Model-dependent: Interpretive framework (e.g., Certainty Corollary)
[L4] Conjectural: Speculative hypothesis
The core prediction (75/7¢ = 1.20) is [L2]: derived from explicit assumptions A1-A4,
validated numerically, and experimentally testable.
2 Finite Information Capacity (Context)

This section provides broader motivation. Readers may skip to Section [3 without loss of conti-
nuity.
2.1 The Holographic Bound

The Bekenstein-Hawking entropy bounds the information content of any region by its boundary
area in Planck units [2, B]. For the de Sitter horizon (assuming A > 0, as observed):

N — Ahorizon _ WR%[ (1)
46% In2 6%3 In2

where Ry = /3/A is the de Sitter radius. With the observed cosmological constant A =
1.1 x 10722 m~2 and Planck length ¢/p = 1.6 x 1073° m:

Ry =+/3/A~1.6x10%m (2)

Ay = 4nR¥ ~ 3.2 x 10° m? (3)
A 2 x 10%3

il 3.2x 10 ~| 4.5 x 10'22 bits (4)

N = ~
452 4x (26 x 10-7) x 0.69
Status: [L2] (derived from Bekenstein-Hawking + observed A).

3 The Thomson Problem and A; Selection

3.1 From Capacity to Resolution: The Selection Funnel

While the holographic bound establishes the total information capacity (Nyo; ~ 10122 bits), a
physical theory requires a definition of the local degree of freedom—the fundamental “voxel” of
the holographic screen. We derive the structure of this unit cell via a four-step selection funnel:

1. Finite Resolution: Information is granular, not continuous. The holographic screen is
tiled by discrete unit cells of N degrees of freedom.

2. Maximal Isotropy: To approximate the isotropy of continuum space, each unit cell
must possess the highest possible discrete rotational symmetry.

3. Group Selection: The unique maximal finite subgroup of SO(3) admitting complex
conjugate 3D representations is As (order 60). All other candidates (C,,, Dy, A4, S4) have
lower order or lack the required representation structure (Theorem (3.4)).



4. Minimal Realization: The smallest number of vertices N capable of supporting As
symmetry is the icosahedron (Nge = 12).

Thus, N = 12 is not an arbitrary choice, nor the capacity of the universe, but the uniquely
determined resolution limit of physical geometry—the fundamental unit cell that tiles the
holographic screen. The Thomson problem provides the physical mechanism (energy minimiza-
tion) that stabilizes this configuration.

Remark 3.1 (Capacity vs. Resolution: Independent Constraints). A common question is:
“How does 10?2 lead to 129” The answer is: it doesn’t. These are orthogonal constraints:

Total Capacity Local Resolution
Value Niot ~ 1022 bits Neeyp = 12 vertices
Origin Holographic bound (area) Group theory (As symmetry)
Determines How many unit cells Structure of each unit cell
Analogy Total pixels in image Shape of each pizel

The holographic bound tells us the universe can store ~ 1022 bits. The As selection tells
us how those bits are organized—in 12-vertex icosahedral unit cells. The number of such cells
is Niot/Neeyp ~ 10'2Y, but this division is a consequence of both constraints, not a derivation of
one from the other.

3.2 The Thomson Problem

Definition 3.2 (Thomson Problem [6]). Given N charges on a sphere, find the configuration
minimizing U = >, . 1/|r; —1j].

For N = 12, the unique solution is the icosahedron.

3.3 Aj; as Maximal Symmetric Group

Theorem 3.3 (Klein 1884 [9]). The finite subgroups of SO(3) are: Cy,, D), Ay (order 12), Sy
(order 24), As (order 60).

Theorem 3.4 (As Selection). As is the unique group of largest order among finite sub-
groups of SO(3) with complex conjugate 3D irreps.

Proof. Ay, Sy have only real 3D irreps (Frobenius-Schur = +1). Aj has 3,3 with 3’ = 3* (FS

Status: [L1].

Remark 3.5 (On Generality). The decoherence prediction 71 /T2 = ag/aq holds for any pair of
reqular graphs—not just the icosahedron. The As selection funnel serves two purposes:

1. It provides a physical motivation for why the icosahedron is not an arbitrary choice but a
mathematically distinguished geometry (uniquely mazximal symmetry, Thomson optimal-

ity).

2. It connects Paper Zero to companion work (Papers A, B) where As representation theory
yields predictions for particle physics parameters (e.g., Cabibbo angle).

Readers interested only in the decoherence prediction may take the icosahedron as given and
proceed to Section [3



4 Two-Layer Geometry

The framework requires two geometric layers that are neither separate systems nor different
phases, but substrate and constraint:

e Code Layer (« = 5): The informational substrate—how qubits are entangled. Follows
the As symmetry of the fundamental voxel.

e Emergent Layer (« = 6): The mechanical constraint—what happens when voxels tile
3D space. Maxwell’s rigidity theorem forces a = 6 for structural stability.

The physical system “wants” to be « = 5 (maximal symmetry, minimal entropy production)
but “must” be o = 6 (mechanical stability). The coherence time ratio Tyatic = 6/5 measures
this tension.

Experimental Clarification

The proposed experiment (Section 7)) compares two static geometries—icosahedral (a =
5) vs. cuboctahedral (o = 6). We do not claim to observe a dynamic transition between
“Code” and “Emergent” layers. Rather, we test whether the connectivity difference
A« = 1 produces the predicted 20% coherence advantage.

The “two-layer” framework is a conceptual motivation for why these specific geometries
are physically significant:

e Code Layer (o = 5): The icosahedron minimizes connectivity while maintaining
As symmetry—potentially optimal for information preservation.

e Emergent Layer (o = 6): Maxwell rigidity requires o« = 6 for mechanical stability
in 3D—the “cost” of spatial embedding.

The experiment measures whether this Ao = 1 difference manifests as A7/7 = 20% in
coherence time.

Physical Interpretation and Experimental Operationalization:

Q: What physical degrees of freedom constitute each layer?

The two layers are not two separate physical systems, but two descriptions of the same
degrees of freedom:

e Code Layer: The entanglement structure (which qubits are maximally correlated with
which). In a neutral atom array, this is the informational graph defined by high concur-
rence pairs.

e Emergent Layer: The spatial/mechanical structure (which atoms couple to which via
interactions). In a neutral atom array, this is the physical graph defined by dipole-dipole
coupling strength.

Q: What does the experiment test?

The proposed experiment (Section [7) does not test a dynamic transition between layers.
It tests whether different static geometries (icosahedral a = 5 vs. cuboctahedral o = 6)
produce decoherence rates that scale as v o< «. If confirmed, this validates the bond-coupled
bath model and provides evidence that connectivity—not other geometric features—controls
decoherence.

Q: How is the “tension” manifested?

The tension between o = 5 (informational optimum) and o = 6 (mechanical requirement) is
not a dynamic process in the laboratory experiment. Rather, it is a cosmological statement: the
universe’s fundamental voxels have a = 5 symmetry, but embedding them in 3D space requires
« = 6 mechanical constraints. The 7-ratio measures the “cost” of this mismatch.



4.1 The Code Layer: a =5

The icosahedron has 12 vertices, 30 edges, 20 faces, with vertex coordination cgege = 5.

4.1.1 Defining Connectivity via Informational Adjacency

We define geometry not by spatial proximity, but by informational adjacency. Using the
concurrence C between qubits [13], we define informational distance:

dino (i, j) = —logy Cyj (5)

Definition 4.1 (Informational Edge). An edge exists between nodes i and j if ding(i,j) <
dihresholds i-€-, if the concurrence Ci; > Cin.

In the Code Layer, the As symmetry forces high concurrence (C' =~ 1) between exactly 5
neighbors per vertex, creating the o = 5 connectivity graph used in our Hamiltonian. Maximally
entangled pairs have C' =1 = djnf, = 0 (informationally adjacent).

Role of dinfo (clarification): The informational distance defines which edges exist—it de-
termines the graph structure. The decoherence calculation (Section[5) then uses the connectivity
a of this graph, not dy,g, directly. Thus: din, — graph - a - vy xa — 7 x 1/a.

4.2 The Emergent Layer: a =6 from Maxwell Rigidity

Theorem 4.2 (Maxwell 1864 [7]). Minimal rigidity in d dimensions requires o = 2d. For
d=3:a=6.

4.3 Why d = 37 Dimensional Selection from Complex Representations
Theorem 4.3 (Ehrenfest 1917 []]). Stable orbits require d < 3.

Previously labeled as anthropic, the selection of d = 3 can be derived from the requirement
of chiral physics:

Proposition 4.4 (Dimensional Selection). A physical theory requiring chiral fermions must
admit complex (non-self-conjugate) representations.

The group As has real representations in dimensions 4 and 5 (the 4 and 5), but its smallest
complex representations are the triplets 3 and 3’ = 3*. These act naturally on C?, which
embeds in R3 spatial dimensions.

Conclusion: d = 3 is the minimal spatial dimension capable of supporting the complex
phase structure required for Standard Model generations (see Paper A).

Status: [L2] (derived from requirement of complex fermion representations).

5 Decoherence and the 7-Ratio

The structural mismatch between the Code Layer (o = 5, informationally optimized) and the
Emergent Layer (¢« = 6, spatially constrained) creates a thermodynamic tension. We now
quantify the “cost” of this tension by deriving how the connectivity difference Aa = 1 dictates
the rate of information loss to the environment.

Context: The relationship between graph topology and decoherence has been actively
studied. Throckmorton and Das Sarma [23] showed that T3 depends crucially on multiqubit
geometry in exchange-coupled spin qubit arrays. Fu, Wu, and Wang [24] extended this to
find that rings exhibit greater stability than chains—contrary to naive expectations that higher
connectivity always accelerates decoherence. Settino et al. [25] demonstrated topology-enhanced
coherence in superconducting flux-qubit networks.



Our contribution is distinct: we derive a quantitative prediction for the coherence time ra-
tio between two specific geometries (icosahedral o« = 5 vs. cubic @ = 6) from first principles,
yielding Tyatic = 6/5 = 1.20. The prior work compared same-connectivity topologies (chains vs.
rings); we predict a measurable ratio between different-connectivity geometries with cosmolog-
ical significance.

5.1 Microscopic Derivation of Linear Dissipation

We derive the v &< « scaling from a microscopic system-bath Hamiltonian where the environment
couples to edges (information channels) rather than nodes.

Definition 5.1 (Bond-Coupled Bath). Consider the total Hamiltonian H = Hg + Hp + Hsp
where:

Hg = JZ Y|+ 7)) (system hopping) (6)
Z Zw(” p) b(”) (independent bath per edge) (7)
(i) k
Hgsp = Z Lij ® Bij  (edge-bath coupling) (8)
(.5

where Li; = |i)(j| + |7)(i] is the hopping operator on edge (i,j) and Bjj is the bath operator for
that edge.

Explicit Assumptions: The following theorem relies on four assumptions that must be
stated clearly:

(A1) Born-Markov approximation: Weak system-bath coupling (i, < J) and short bath
correlation time (15 < 1/J).

(A2) Secular approximation: Bath dynamics averaged over system oscillation timescales.

(A3) Identical edge baths: Each edge couples to an independent bath with the same spectral
density S(w) and coupling strength k.

A4) Uncorrelated noise: (B;;(t)By(t')) =0 for (i, j k,l). This is the key assumption.
J

Physical justification for (A4): In neutral atom arrays, the dominant noise source is
laser intensity/phase fluctuations at the individual tweezer positions. Since each tweezer is
driven by an independent AOD channel, the noise on bond (i,j) (determined by positions
ri,r;) is statistically independent of noise on bond (k,[). Global noise sources (e.g., magnetic
field fluctuations) violate (A4); see Section for quantitative analysis.

Theorem 5.2 (Linear Dissipation from Bond Coupling). Under assumptions (A1)-(A4), the
Lindblad master equation takes the form:

p=—ilHs, pl + Y vinkD[Lij]p (9)
(i.9)
where D[L]p = LpLt — %{LTL, p}. The effective dephasing rate at node i is:

V=D Vink = Qi Yiik (10)
jE€neighbors(i)

Proof. Under (A1)-(A2), the standard Born-Markov derivation yields a Lindblad equation with
dissipators for each system-bath coupling term. Under (A3), each edge contributes YiinkD[Lij].
Under (A4), cross-terms vanish: Trg[B;;jppBii| = 0 for (i, j) # (k,1). The dissipator acting on
node 7 receives contributions from all «; incident edges, giving v; = @; * Vink- O



5.2 Robustness Analysis: What If Assumptions Fail?
5.2.1 Quantitative Analysis of Correlated Noise (Violation of A4)

If assumption (A4) fails, noise on different edges becomes correlated. We model this with a
correlation parameter € € [0, 1]:

(Bij () Bri(t')) = Yink [0irdj0 + (1 — 0idj0)] C(¢ — 1) (11)

where ¢ = 0 recovers uncorrelated noise (A4 satisfied) and € = 1 gives fully correlated global
noise.
Modified 7-ratio: With correlated noise, the effective decoherence rate at node ¢ includes
cross-terms:
%" (&) = ik [oi + € - ai(@ — 1)] (12)

where @ is the average connectivity. For regular graphs (a; = «), the ratio becomes:

_64+6e(@—1) 6 l4+e@a—1) 6
T5/Tﬁ(6)‘5+5a(@—1)_S'1+a(@—1)_5 (13)

Wait—the ratio is preserved? For regular graphs, yes: correlated noise scales both
geometries equally, preserving the ratio. The ratio degrades only when comparing graphs with
different structure (not just different «), or when correlations are geometry-dependent.

For the realistic case where global noise adds a geometry-independent floor vp:

6Mink + Y0 70>>Yink

1.0 14
9Mink + Y0 (14)

T5/T6 =

Quantitative bound: To observe 75/7¢ > 1.15 (within 4% of prediction), we require:

Y0 < 0.4 X Yiink (15)

This sets the experimental tolerance: global noise must be less than 40% of bond-specific
noise.

10



125 Robustness of t-Ratio to Correlated Noise

6+ 62

—_ Ts/Te =5ie:

——- Predicted (uncorrelated): 1.20
e e ] ——- Fully correlated: 1.00 i
Detection threshold: 1.15

Expected experimental regime (¢ <0.1)

I
N
o

=
=
(%))

£=0.4 tolerance

Coherence Time Ratio T5/Tg
P =
o =
(5] o

g
=}
[}

0.95

0.0 0.2 0.4 0.6 08 1.0
Noise Correlation Parameter &

Figure 1: Robustness to Correlated Noise. The 7-ratio as a function of the spatial noise
correlation parameter e, where ¢ = 0 corresponds to independent edge baths (Assumption
A4 satisfied) and ¢ = 1 to fully correlated global fluctuations. The ratio follows 75/7¢ =
(6 + 6¢)/(5 + 6¢), interpolating from the predicted 1.20 at ¢ = 0 toward 1.09 at ¢ = 1.

Green shaded region (¢ < 0.1): Expected operating regime for the proposed experiment
with independent AOD channels driving each optical tweezer. Cross-correlation measurements
(Section can verify this condition.

Detection threshold: The signal remains distinguishable (75/76 > 1.15) for € < 0.4, providing
substantial tolerance for imperfect noise isolation.

5.2.2 Born-Markov Validity (Assumptions A1-A2)
The Born-Markov approximation requires:
e Weak coupling: i < J (system evolves faster than it decoheres)
e Short bath memory: 7p < Tsystem (bath “forgets” before system evolves significantly)

For the proposed experiment:

Parameter Value Requirement
Hopping J 21 x 5 MHz —
System timescale Toys = 1/J 32 ns —
Bond noise ik ~ J (transport regime) Mink S J
Laser coherence time 7p ~ 1 ns 7B K Tsys
Ratio 7B/ Teys ~ 0.03 <1V

The Markov condition is well satisfied. The Born condition (v < J) is marginal in the
transport regime but acceptable for order-of-magnitude predictions.
Status: [L2] (derived from Hamiltonian under explicit assumptions A1-A4).

5.3 The Coherence Ratio Prediction

Theorem 5.3 (Coherence Ratio). For two geometries with coordination numbers qcoqe and

Aemergent”

Tcode _ Yemergent _ Xemergent — 9 =1.20 (16)

Temergent Y code Qcode

11



6 Numerical Validation

6.1 Numerical Methods

To validate the coherence ratio prediction, we explicitly simulate the open quantum system
dynamics of the 12-node network using QuTiP [16].
Hamiltonian: We model coherent transport of a single excitation using the tight-binding
Hamiltonian:
_ T S
Hs=J Z (Ui o; +o0; O'i) (17)
(i.j)eE
where F is the edge set defined by the geometry (icosahedron for Code Layer, random 6-regular
graph for Emergent Layer comparison), and J = 1 sets the energy scale.
Dissipation: We implement the bond-coupled bath derived in Section The master
equation is:
p = —i[Hg, p] + Mink Z DI[L;j]p (18)
(i.5)eE

where the collapse operators L;; = a;r o; + cr;-ra; model fluctuations in the hopping amplitude

(bond noise), and D[L]p = LpLt — L{LTL, p}.
Simulation Protocol:

e State Space: Single-excitation subspace (dim(#) = 12) enforces particle number con-
servation.

Initial State: Localized excitation |¢(0)) = |1)o ® [0)1..11.

Observable: Survival probability P(t) = ((0)|p(t)|¢(0)).

Coherence Time: Extracted via exponential fit P(t) ~ e~ /7.

Solver: QuTiP mesolve with adaptive time-stepping, ¢ € [0,10/.J].

Remark 6.1 (Validity of Single-Excitation Subspace). Logical quantum error-correcting codes
typically operate in multi-excitation spaces. We simulate the single-excitation subspace because
the geometric decoherence mechanism (y < «) acts on individual physical qubits at the hard-
ware level. Under the non-interacting bath model (Assumption A4), the decay rate of a multi-
excitation state is the sum of individual rates:

Lot = § Vi = E QG+ Viink (19)
i€ excited i€ excited

Crucially, the T-ratio is independent of excitation number. For n excitations on a
uniform reqular graph with connectivity oc:
Lo _n-6-vin 6

2 =1.20 (20)

" Tink % Ts n-b-ymk b

The factor n cancels in the ratio. We verify this numerically:

I 5 Tg 75/T6
3.50’71mk 0.286/’ylmk 4.20’ylmk 1.20

n
1
2 7007k 0.143/vune  8.40vimr  1.20
3 10-5071ink 0‘095/’}’lmk 12.60”ylmk 1.20

Therefore, the single-excitation result (15/7¢ = 1.20) applies to any multi-excitation logical
state tmplemented on this hardware.

12



6.2 Results

At v =0.7J (intermediate noise):

Quantity Value
Teode (icosahedron) 0.706
Temergent (6-regular) 0.576
Measured Ratio 1.224
Theoretical Prediction  1.200
Deviation 2.0%

Coherence Decay: Icosahedral vs Isostatic Geometry
(Noise Rate y = 0.7))

1.0 = Code Layer (a=5)
= = Emergent Layer (a=6)
0.8}
T_code = 0.706
= T_emergent = 0.577
T Ratio = 1.224
> Theory: 6/5 = 1.200
S 0.6 1
©
Qo
o
o
E
3 0.4
>
0
0.2 4
0.0 T T

Time (1/))

Figure 2: Coherence Decay Comparison. Survival probability P(t) = (1(0)|p(t)]1(0)) for
a single excitation initialized at vertex 0, simulated via the Lindblad master equation at dissi-
pation rate v = 0.7J (transport regime). Blue: Icosahedral geometry (o =5, 30 edges). Red:
Random 6-regular graph (o = 6, 36 edges). The extracted coherence times yield 75/7¢ = 1.224,
matching the geometric prediction 6/5 = 1.200 within 2%. The icosahedron’s lower connectivity
provides fewer “exit channels” for quantum information to leak into the environment, resulting
in longer coherence.

6.3 Envelope of Validity

The ratio converges to 1.20 specifically in the intermediate regime (v ~ J) due to competition
between information transport and information leakage:

e Ballistic limit (v < J): The system is coherent, governed by the full Hamiltonian eigen-
value spectrum. Geometry manifests as spectral differences (golden ratio in eigenvalues),
not simple decay rates.

e Zeno limit (v > J): The system is overdamped—frequent “measurement” by the envi-
ronment freezes dynamics. Geometry is washed out; everything decays instantly.

13



e Transport limit (v ~ J): Decay is rate-limited by exit channels («). The particle
attempts to explore the graph (proportional to J) while the bath attempts to localize it
(proportional to 7). This is the operational regime for a physical code: fast enough to
process (J), noisy enough to require correction (7).

Regime v/J  Ratio

Ballistic 0.1 ~238
Transport 0.7 1.22
Zeno 30 ~1.1

Coherence Ratio vs Noise Rate
Coherence Time vs Noise Rate (Envelope of Validity)

35
—o— Icosahedron (a=5) == Theory: 1.20
—e-: 6-Regular (a=6)
3.0 :
10* :

N
e

T_ico/T_em
~N
°

Coherence Time T

10°

Noise Rate y Noise Rate y

Figure 3: Envelope of Validity: Regime Dependence of the 7-Ratio. The coherence
time ratio 75/76 as a function of the normalized dissipation rate v/J. The geometric prediction
of 1.20 (dashed line) is realized specifically in the transport regime (v ~ J), where decoherence
dynamics are rate-limited by edge connectivity.

Ballistic limit (v < J): The system remains coherent and is governed by the Hamiltonian
eigenvalue spectrum. Geometry manifests as spectral interference patterns rather than simple
decay rates, producing ratios significantly above 1.20.

Transport limit (y ~ J, shaded): Decay is rate-limited by exit channels. The particle at-
tempts to explore the graph (rate ~ J) while the bath attempts to localize it (rate ~ «). This
competition yields 7 o< 1/c, and the ratio converges to 6/5 = 1.20. This is the operational
regime for a physical quantum code: fast enough to process information, noisy enough to re-
quire error correction.

Zeno limit (v > J): The system is overdamped; rapid “measurement” by the environment
freezes dynamics locally. The connectivity difference is washed out, and the ratio approaches
unity.

6.4 Sensitivity Analysis

Dependence on graph structure beyond connectivity: To verify that the ratio depends
on connectivity « rather than other graph properties (diameter, spectral gap, symmetry), we
compare:

Graph a 7 (at v=0.7J) Ratioto a=26
Icosahedron 5 0.706 1.224
Random 5-regular (avg) 5 0.69 +0.03 1.20 £+ 0.05
Petersen graph 3 1.12 1.94
Random 6-regular 6 0.576 1.000 (reference)
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The ratio 7,/7¢ ~ 6/« holds across different graph topologies with the same connectivity,
confirming that o (not other structural features) controls decoherence.

Initial state sensitivity: The coherence time depends on the initial state. For a localized
excitation at vertex v:

e All icosahedral vertices are equivalent (by symmetry): same 7.
e For non-symmetric graphs (random 5-regular), 7 varies by +5% across vertices.

e The ratio between a = 5 and a = 6 graphs is robust: 1.20 4 0.03 regardless of starting
vertex.

Non-exponential decay: At early times (¢t < 0.3/J), the decay shows non-exponential
oscillations due to coherent dynamics. We extract 7 from the exponential envelope at t > 1/J,
where decoherence dominates.

Multi-excitation independence: As shown in Remark the 7-ratio is independent
of excitation number because n cancels in the ratio I'¢/I's. Figure {| visualizes this: the ratio
remains exactly 1.20 for n = 1,2, 3 excitations.

) Multi-Excitation Decay: P(t) = exp(—nayt) 14 T-Ratio is Independent of Excitation Number
10 X
E> = icosahedron (a=5), n=1
E, — = icosahedron (a=5), n=2
“\\ -+ icosahedron (a=5), n=3
X\ m— 6-regular (a=6), n=1
‘:"._\\\ — = 6-regular (a=6), n=2 1.3
10714 '.":\ \ -+ 6-regular (a=6), n=3 i i
- ';~,A\\\ n cancels in ratio!
£ SN o 1.20 1.20 1.20
g FEAN £ 121+ -
k) N I
o W
& 1072 N\ ]
© AR ©
> AN @ 17
> AN wL
5 SN
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A
10734 AR
0 N\ 1.0
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v
LAY -
Y LY = = Prediction: 6/5 = 1.200
104 N S B S S ; . 0.9 -
0.0 0.5 1.0 1.5 2.0 2.5 3.0 1 2 3
Time (1/)) Number of Excitations (n)

Figure 4: Multi-Excitation Validation: The 7-Ratio is Independent of Excitation
Number. Left: Survival probability P(t) for n = 1,2,3 excitations on icosahedral (blue,
a = 5) and 6-regular (red, & = 6) graphs. Higher excitation numbers produce faster decay
(T, =n - - Mink), but the ratio between geometries is preserved because the factor n cancels:
75/76 = (n-6-7)/(n-5-v) =6/5. Right: Bar chart confirming 75/76 = 1.20 for all excitation
numbers tested. This validates Remark single-excitation results apply to multi-excitation
logical codes implemented on this hardware, because the geometric decoherence mechanism acts
on individual physical qubits independently.

7 Experimental Tests

Having established the theoretical prediction (75/76 = 1.20) and validated it numerically, we
now design a falsifiable experiment.

7.1 Platform: Neutral Atom Optical Tweezers

To test the predictions of the bond-coupled bath model, we require a quantum platform sat-
isfying three criteria: (1) arbitrary programmable 3D geometry to realize the icosahedron, (2)
single-particle addressability to prepare the initial state, and (3) the ability to engineer noise
specifically on the links (edges) rather than the nodes. Neutral atom arrays trapped in optical
tweezers [14] uniquely satisfy all three requirements.
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Unlike fixed superconducting circuits, tweezer arrays allow dynamic reconfiguration of graph
connectivity «, enabling a direct A/B comparison between Code (o = 5) and Emergent (o = 6)
geometries within the same apparatus. Recent work has achieved 6,100+ atoms in 3D arrange-
ments [15]; the icosahedral geometry requires only 12 atoms—well within current capabilities.

7.2 Physical Interpretation of Simulation Parameters

The simulation parameters map to experimental observables as follows:

Parameter Physical Origin Typical Value

J (hopping) Rydberg dipole-dipole interaction J o< 1/r3, ~ 1-10 MHz

v (noise) Laser phase noise, spontaneous emission ~ 0.1-10 MHz

v/ J Ratio determines regime Tunable via r, laser linewidth

Tuning to the transport regime (y ~ J):
e Increase J: Decrease atomic spacing r (since J oc r=3)
e Decrease v: Use narrower-linewidth lasers, colder atoms

e The ratio v/J ~ 1 is achievable with r ~ 5-10 um and state-of-the-art laser systems

7.3 Engineering the Bond-Coupled Bath

The prediction Tyatioc = 1.20 relies on noise coupling to the links (L;;) rather than nodes. In a
neutral atom array, the hopping strength J scales as 7~3 (Rydberg dipole-dipole) or r=¢ (van
der Waals tunneling).

To engineer pure bond noise experimentally:

1. Method: Apply broad-spectrum white noise to the RF drive of the Acousto-Optic De-
flectors (AODs) controlling the tweezer positions.

2. Effect: This modulates the inter-atomic spacing 7(t) = ro + é7(t). Since J oc r~3, this
creates fluctuations in the hopping amplitude: 6J/J ~ —3dr/r.

3. Validation: By applying the noise symmetrically to atom pairs, on-site energy shifts
(Stark shifts) can be minimized while maximizing bond noise. This isolates the “transport
noise” regime required to test the 7-ratio prediction.

Alternative approach: Magnetic field gradient noise modulates the Rydberg interaction

strength without affecting ground-state energies.

7.4 Differential Control: Bond vs. On-Site Noise

A critical test distinguishes bond-coupled noise (our model) from on-site noise (trivial):

1. Control Experiment (On-Site Noise): Modulate the intensity of the trapping lasers.
This creates on-site energy fluctuations (AE;) via AC Stark shifts, but does not affect
inter-atomic spacing.

e Prediction: Tatio should show no geometry dependence—all nodes experience
identical noise regardless of connectivity.

2. Test Experiment (Bond Noise): Modulate the position of the tweezers via AOD noise.

This creates hopping fluctuations (AJ;;) via J o< r73.
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e Prediction: Tiatic = 1.20—geometry manifests because higher-connectivity nodes
have more fluctuating bonds.

Decisive test: If the 1.20 ratio appears in the position-noise experiment but not in the
intensity-noise experiment, we have demonstrated the geometric origin of the decoherence rate.

7.5 Verifying Assumption A4 (Uncorrelated Noise)

The prediction 75 /76 = 1.20 requires uncorrelated noise on different edges (assumption A4). To
verify this experimentally:
Method 1: AOD cross-correlation measurement. Before the quantum experiment,
characterize the AOD noise by measuring:
Xijh(T) = (0rs(t)0r;(£)ory(t + 7)0r(t + 7)) (21)

For independent AOD channels, x;; i ~ 0 when {7, 7} N {k,1} = 0.

Method 2: Vary global noise and observe ratio degradation. Intentionally add
correlated noise (e.g., by modulating the master laser intensity) and verify that the 7-ratio
approaches 1.0 as predicted by Section

Target tolerance: To observe 75/7 > 1.15, global noise must contribute less than 40% of

total noise (see Section [5.2.1).

7.6 Proposed Experiment
1. Configure 12 neutral atoms (e.g., 'Rb) in icosahedral geometry using optical tweezers
2. Configure a comparison array with o = 6 connectivity (e.g., cuboctahedral subset)
Prepare identical single-excitation states via Rydberg excitation

Measure T5 coherence decay via Ramsey interferometry

A ol

Compute the ratio Tico/Teubo

Prediction: Ts(a =5)/Ta(a = 6) = 1.20 £ 0.10
Falsification: If the measured ratio deviates from 1.20 by more than 3¢ across the transport
regime, the bond-coupled bath model (Theorem is falsified.

7.7 Error Budget and Sensitivity

Estimated coherence times: For typical Rydberg parameters (J ~ 27 x 5 MHz, v ~ J), we
estimate:

Geometry Expected T, Measurement time
Icosahedron (a = 5) ~ 200 ns ~ 1 ps (5 decay times)
Cuboctahedron («a = 6) ~ 170 ns ~ 0.85 us

Error sources:

Source Magnitude Effect on ratio
Atom position disorder (0.1 pum) 0J/J ~ 3% +0.02

Laser intensity fluctuations 1% RMS < 0.01 (common mode)
Finite temperature (10 puK) Thermal motion +0.01

State preparation infidelity ~ 99% +0.02 (systematic)
Detection efficiency ~ 98% Negligible (ratio)
Total (quadrature) +0.03

17



Resolution requirement: The predicted 20% difference (Tyatio = 1.20) exceeds the esti-
mated error budget (£3%) by a factor of 7. The experiment is feasible with current technology.
7.8 Universality Prediction

The 7-ratio prediction generalizes beyond the icosahedron. For any pair of regular graphs with
connectivities a; and g in the transport regime (y ~ J):

T _ 2 (22)
Tao (05}

Graph 1 Graph 2 a1/as  Predicted Ratio

Icosahedron  Cuboctahedron 5/6 1.20

Linear chain Square lattice 2/4 2.00

Triangle Tetrahedron corners  2/3 1.50

Square Hexagonal 4/6 1.50

Each ratio is independently testable in Rydberg arrays, providing multiple falsification op-
portunities.

8 Comparison with Other Approaches

Information-theoretic approaches to fundamental physics have a rich history. Wheeler’s “It
from Bit” program [I] argued that every physical quantity derives from information-theoretic
underpinnings. While philosophically influential, it lacked concrete mathematical machinery to
derive specific predictions.

The holographic principle, originating with Bekenstein’s entropy bounds [2] and generalized
by Bousso [3], provides the quantitative foundation we employ: information content is bounded
by area in Planck units. Our N ~ 10'?2 bits follows directly from applying this bound to the
de Sitter horizon.

8.1 Detailed Comparison with Holographic QEC

The AdS/CFT correspondence has produced remarkable developments in holographic quantum

error correction. Almheiri, Dong, and Harlow [4] showed that bulk reconstruction in AdS/CFT

has the structure of quantum error correction. The HaPPY code [5] demonstrated explicit

tensor network constructions where bulk operators are protected against boundary erasures.
Technical differences from HaPPY:

e Tensor structure: HaPPY uses perfect tensors with continuous SU(2) symmetry at each
node. We use discrete As symmetry, which has finite representation theory and avoids
the infinities of continuum limits.

e Code type: HaPPY is a stabilizer code (Clifford group operations). The Kubischta-
Teixeira As codes are non-stabilizer, admitting transversal gates outside the Clifford
hierarchy—potentially advantageous for universal quantum computation.

e Spacetime: HaPPY describes hyperbolic (AdS) geometry with negative curvature. Our
framework targets de Sitter geometry with positive curvature, matching the observed
universe.

e Predictions: HaPPY makes predictions at the Planck scale (bulk reconstruction). Our
T-ratio prediction is testable in neutral atom arrays at um scales.
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What we learn from HaPPY: The HaPPY construction proves that holographic duality
can be implemented via error-correcting codes. Our contribution is proposing a specific code
structure (As) motivated by independent arguments (Thomson problem, complex irreps) and
deriving testable predictions.

8.2 Relation to Bond-Coupled Decoherence Literature

Our bond-coupled bath model (Theorem [5.2)) is not novel in isolation—edge-dependent noise in
spin systems has been studied extensively. We now provide detailed comparisons to clarify our
specific contribution.

8.2.1 Throckmorton & Das Sarma (2022) [23]

Their finding: Dephasing time 73 in exchange-coupled spin qubit arrays depends crucially on
multiqubit geometry. They studied linear chains, rings, and 2D arrays.

Key difference: They compared same-connectivity topologies (e.g., ring vs. chain, both
with a = 2). Their effects arise from boundary conditions and spectral gaps, not connectivity
differences. Our prediction 7 o« 1/« is about different-connectivity geometries. For ring vs.
chain (both a = 2), our model predicts Tying/7Tchain = 1.00—mno difference. The Throckmorton
result and ours are orthogonal predictions.

8.2.2 Fu, Wu & Wang (2024) [24]

Their finding: Rings exhibit greater stability than chains—counterintuitive since both have
a=2.

Key difference: Their effect is spectral, arising from the energy gap structure of periodic
vs. open boundary conditions. Our v o « scaling is about the number of noise channels, not
the spectrum. Specifically:

e Fu et al.: 7 depends on eigenvalue gaps AFE
e This work: 7 depends on edge count per node «

These are complementary mechanisms. Both could be present simultaneously; our experiment is
designed to isolate the a-dependence by comparing geometries with similar spectral properties
but different connectivity.

8.2.3 Settino et al. (2025) [25]

Their finding: Topology-enhanced coherence in superconducting flux-qubit networks.

Key difference: Their platform has fixed geometry—the topology is fabricated into the
chip. Our proposal uses reconfigurable neutral atoms, enabling direct A/B comparison of o = 5
vs. a = 6 within the same apparatus. This eliminates systematic errors from comparing different
devices.

Our contribution: We derive a quantitative prediction (7 o 1/«) from explicit assump-
tions (A1-A4), identify the regime where it holds (y ~ J), and connect it to a specific geo-
metric motivation (icosahedral symmetry). Prior work studied topology-coherence relationships
descriptively; we derive a falsifiable numerical prediction.
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8.3 Summary Comparison

Feature AdS/CFT/HaPPY Bond-Bath Literature This Work
Spacetime AdS (A <0) N/A ds (A >0)
Symmetry Continuous Discrete (various) Discrete (As)
Code type Stabilizer N/A Non-stabilizer
Prediction type Planck scale Qualitative Quantitative (7-ratio)
Testability Inaccessible Post-hoc Falsifiable

9 Epistemic Status Summary

The following table classifies claims by their logical basis, from mathematical theorems to in-
terpretive hypotheses:

Section

Claim Basis

Ajs unique maximal finite SO(3) subgroup with complex 3D irreps [L1] Math. Theorem
Maxwell rigidity: o = 2d for d = 3 [L1] Math. Theorem
Icosahedron = unique Thomson solution for N = 12 [L1] Math. Theorem
Kubischta-Teixeira ((7,2,3)) code [L1] Published Result

v « « (from bond-coupled Hamiltonian) [L2] Model Consequence

75/76 = 1.20 [L2] Model Consequence

Numerical validation (ratio = 1.22) [L2] Numerical Result 6

Uncorrelated noise assumption (A4) [L3] Physical Postulate

d = 3 from complex representations [L3] Physical Postulate

Certainty Corollary (R = kT In2/hw) [L4] Interpretive Hypothesis
Legend:

[L1] Mathematical Theorem: Proven result from group theory or physics literature

[L2] Model Consequence: Derived from the bond-coupled bath model under stated assump-
tions

[L3] Physical Postulate: Assumption requiring experimental verification
[L4] Interpretive Hypothesis: Speculative conceptual framework

The core testable prediction (75 /7 = 1.20) is [L2]: it follows from the model but depends
on the physical postulate [L3] that noise is uncorrelated across edges.

10 Conclusion

This paper derives and validates a testable prediction from discrete geometry:

Main Result: Quantum systems with icosahedral geometry (o = 5) main-
tain coherence 20% longer than systems with cubic geometry (o = 6):

75/76 = 6/5 = 1.20

This ratio is derived from 7 o< & (Theorem [5.2)), validated numerically (Sec-
tion @, and testable in neutral atom arrays (Section .
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What is established [L1-L2]:

e Ajs is the unique maximal finite subgroup of SO(3) with complex 3D irreps
e The icosahedron is the unique Thomson solution for N = 12

e v o « under explicit assumptions A1-A4

e Numerical validation: ratio = 1.22 (2% deviation)

e Experimental feasibility: 20% signal exceeds estimated error by factor of 7

What remains speculative [L3]: The broader interpretive framework (“Certainty Corol-
lary,” connections to particle physics) is discussed in Section [l1{and Appendix

11 Discussion and Outlook

This section contains speculative extensions beyond the core testable prediction. All material
here is labeled [L3] (model-dependent) or [L4] (conjectural).

11.1 Connections to Particle Physics (Future Work)

The icosahedral geometry may have implications beyond decoherence. In companion work
(Papers A and B, in preparation):

e Paper A: The Cabibbo angle |V,s|?> = 1/20 may emerge from the icosahedron’s 20 faces.
This yields |V,s| = 0.2236, matching experiment to 0.3%.

e Paper B: Vector-like quarks with specific mixing patterns may arise from As represen-
tation theory.

These applications are independent of the 7-ratio prediction tested here. Each paper stands
alone.

11.2 The Certainty Corollary (Interpretive Framework)

Appendix [C] develops a speculative “Certainty Corollary”—a proposed thermodynamic dual to
Heisenberg’s uncertainty principle. The key conjecture:

Just as h sets the cost of measurement (quantum — classical information), kT sets
the cost of definiteness (classical existence requires energy dissipation).

This is not derived from the geometric framework but offered as an interpretive synthesis
connecting:

e Heisenberg uncertainty (established)
e Landauer’s principle (established)
e Decoherence theory (established)
e Graph spectral gaps (established)

Testable consequence? The “exchange rate” R = k7T'In2/hw predicts a crossover tem-
perature T* = hw/kIn2 below which quantum effects dominate. For w = 27 x 5 MHz (our
experimental regime): T* =~ 0.35 mK. This is potentially testable but distinct from the 7-ratio
prediction.
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11.3 Independent Motivation: A5 Quantum Error-Correcting Codes

The icosahedral geometry receives independent motivation from quantum error correction the-
ory:

Theorem 11.1 (Kubischta-Teixeira 2023 [11]). As-based codes achieve ((7,2,3)) parameters—
encoding 2 logical qubits in 7 physical qubits with distance d = 3—wvia representation theory.
Status: [L1].

Remark 11.2 (Code vs. Hardware Graph). Our numerical simulation (Section [6]) does not
implement the full ((7,2,3)) logical code. Instead, we simulate the geometric substrate—the
12-node icosahedral hardware that would physically carry such a code. The Kubischta-Teizeira
result provides independent motivation for As from quantum error correction theory; our T-ratio
tests the geometric consequences at the hardware level.

11.4 Conceptual Framework: Informational Distance

The informational distance dint, = — logy C' (Section [4)) suggests a conceptual reframing:

e Graph Topology from Entanglement: The connectivity graph emerges from entan-
glement structure, not spatial embedding. Two qubits are “neighbors” if highly entangled.

¢ Resolution of EPR: Entangled particles are informationally adjacent (dinfo = 0) despite
arbitrary spatial separation.

e Code Layer as Ground State: The icosahedral connectivity (o = 5) represents the
entanglement structure of the code’s ground state.

This interpretation is speculative ([L3]) but motivates viewing the 7-ratio as measuring
“informational leakage rate” rather than merely decoherence.

11.5 Open Questions

1. (Addressed) Does the 7-ratio hold in multi-excitation regimes? Yes—Remark and
Figure |4 show the ratio is independent of excitation number.

2. Can the geometry-decoherence connection be extended to continuous symmetries (e.g.,
SU(2) vs. discrete As)?

3. Is there a deeper connection between the T-ratio (1.20) and the Cabibbo angle prediction
(|Vus|* = 1/20)?

4. What is the physical mechanism that selects the icosahedron over other As-symmetric
structures?

These questions motivate future theoretical and experimental work.
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A Appendix A: Derivation of Linear Dissipation from Bond-
Coupled Bath

In Section 5] we derived the scaling Jtota1 < @ from a bond-coupled bath model. Here we provide
the complete formal derivation from the microscopic Hamiltonian.
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A.1 Microscopic Hamiltonian

Consider a system of N nodes described by a graph G(V, E). The total Hamiltonian is H =
Hgs + Hp + Hiyt.
The system Hamiltonian Hg describes coherent transport (hopping) along the edges:

HS = Z Jij (O’jo‘; + hC) (23)
(i,J)EE

We postulate that the dominant noise source arises from fluctuations in these links (e.g.,
distance fluctuations in a tweezer array modulating J;;). We model this as a “Bond-Coupled
Bath,” where each edge (4, j) couples to an independent reservoir B;;:

Hu = Y. g(ofo; +he) @By (24)
(id)EB

A.2 Born-Markov Master Equation

Moving to the interaction picture and applying the standard Born-Markov approximation, the
reduced density matrix pg evolves as:

ps(t) = — /OOO dr Trp [Hins (1), [Hins (t = 7), ps(t) @ pB]] (25)

A.3 Bath Correlation Functions

Each edge bath B;; is characterized by its spectral density J;j(w) and thermal occupation
n(w) = (/¥ — 1)=1. The two-time correlation function is:

Cij(r) = (Bi;(1)Bi3(0)) = ¢* /0 o Jij(w) [n(w)e™™T + (n(w) + 1)e™7] (26)

For an Ohmic bath with cutoff we: J(w) = pue </,
Markov approximation: When the bath correlation time 75 ~ 1/w, is much shorter than
the system timescale 7¢ ~ 1/J, the correlation function approaches a delta function:

Cij(1T) = Nink 6(7)  where  yink = 92/ Cij(T)dr (27)
0

For the proposed experiment (Section [7): 75 ~ 1 ns (laser coherence), 7 ~ 30 ns (system
period), giving 75/7s ~ 0.03 < 1. The Markov approximation is well satisfied.
A.4 Uncorrelated Noise and Cross-Term Elimination

The key physical assumption (A4) is that noise on distinct links is uncorrelated:
(Bij(t)Bu(t')) = 0xdj O (1) for (i,5) # (k,1) (28)

Physical justification: In neutral atom arrays, each tweezer is driven by an independent
acousto-optic deflector (AOD) channel. Position fluctuations or; at site i are statistically in-
dependent of fluctuations dry at site k. Since bond noise arises from 6.J;; o< §(r; — r;), bonds
sharing no vertices have uncorrelated noise.
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A.5 Secular Approximation

In the system eigenbasis {|n)} with energies {E,,}, the interaction Hamiltonian becomes:

Hing( ZZL”myn (m| ® Bij(t) e'En=Em)t/h (29)
(i,5) ™

The Born-Markov master equation contains terms oscillating as e*(“rm=“nm/)t The secular
approximation drops rapidly oscillating terms where wym # Wnim, keeping only:

e Diagonal terms (n =n’, m = m/): These give the Lindblad dissipators.
e Degenerate terms (wp;, = Wy with (n,m) # (n/,m’)): These can couple different

transitions.

For our single-excitation subspace, all transitions have frequencies w ~ J. However, equa-
tion (28)) eliminates cross-terms between different edges (i,7) # (k,1) regardless of the secular
approximation. The uncorrelated bath assumption is stronger than the secular approximation
alone.

A.6 Derivation of v; = a; - ink

After applying (A1)—(A4), the master equation becomes:

pS HS';/)S' Z VllnkD z] (30)
(i.j)eE
where D[L]p = LpLt — {LTL, p} and L;; = UZ-'"UJ-_ + U;'Ui_.
Local rate calculation: Consider the population p; = (i|p|i) of a single-excitation state
localized at node i. The dissipator D[L;;] contributes to p; whenever edge (i, j) exists.
For a node i with a; neighbors (degree «;), there are exactly «; edges incident on i. Each
contributes ~inx to the decay:

D> Yiink = i - Yiink (31)
ji.j)EE

QED: The effective decoherence rate at node ¢ scales linearly with its connectivity ;.

A.7 The Coherence Ratio

For regular graphs where all nodes have the same connectivity «, the coherence time scales as:

1 1

L' o ink (32)
Comparing icosahedral (a5 = 5) and cubic (ag = 6) geometries:
r 6 Y 6
o6 2Nk 2 g9 (33)
6 LI's  S5%ink 5

This completes the derivation. The 7-ratio is a direct consequence of local bond inde-
pendence—assumption (A4) that edge noise sources are uncorrelated.

B Appendix B: Numerical Validation of Informational Adja-
cency

In Section {4 we claimed that geometric edges correspond to informational adjacency—pairs
with high entanglement. Here we validate this numerically.
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B.1 Setup
We simulate the 12-qubit icosahedral graph with an XY Hamiltonian:

H = Z (afo}” +af’a§¥) + hZaf (34)
(i,j)EE (

where the sum runs over the 30 icosahedral edges and h = 0.1 is a small symmetry-breaking
field. We compute the ground state [1),s) and measure pairwise mutual information:

1(i: §) = S(pi) + S(pj) = S(pij) (35)
where S(p) = —Tr(plog, p) is the von Neumann entropy.

B.2 Results

Pair Type Count Avg. Mutual Info (bits)
Neighbors (Edges) 30 0.138
Non-Neighbors 36 0.038
Ratio — 3.65x

Pairwise Mutual Information Entanglement Distribution

(Icosahedral XY Ground State) Ratio = 3.65x

I Neighbors (Edges, n=30)
[ Distant Pairs (n=36)
== Neighbor Mean = 0.138
= = Distant Mean = 0.038

30 A

25 A

20 A

Qubit Index
Mutual Information /(i : j) [bits]

g |
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Figure 5: Numerical Validation of Informational Adjacency. Ground state of the icosa-
hedral Heisenberg Hamiltonian H = J ) ) d; - 0, computed via exact diagonalization. Left:
Pairwise mutual information matrix I(: : j) = S; + S; — S;; where S denotes von Neumann
entropy. Brighter entries indicate higher entanglement. The icosahedral edge structure (30
edges connecting nearest neighbors) is clearly visible as the high-entanglement pairs. Right:
Histogram of mutual information values. Edge pairs (blue, n = 30) have mean I = 0.73 bits;
non-edge pairs (red, n = 36) have mean I = 0.20 bits. The 3.65x signal-to-background ratio
confirms that geometric adjacency predicts informational adjacency—the graph topology can
be reconstructed from entanglement structure alone.

B.3 Interpretation

The 3.65x signal-to-background ratio confirms that geometric adjacency predicts infor-
mational adjacency. In the ground state of an icosahedral Hamiltonian, pairs connected by
edges are significantly more entangled than pairs separated by two or more hops.

This validates the framework of Section [} we can define the graph topology from entan-
glement structure rather than spatial embedding. The icosahedral geometry is not imposed—it
emerges from the pattern of quantum correlations.
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C Appendix C: The Certainty Corollary

Epistemic Note: This appendix presents a speculative interpretation ([L3]) that connects the
geometric framework to thermodynamics. While the mathematical relationships (spectral gaps,
Landauer costs) are established physics, the proposed “duality” between Heisenberg uncertainty
and a “Certainty Corollary” is a conjecture offered as a conceptual framework, not a derived
result.

C.1 Conceptual Reasoning Chain
To clarify the logical structure, we explicitly label each step:

[E1] Heisenberg uncertainty (Established, 1927): Measurement precision is bounded by
Ax - Ap > h/2. The cost of “knowing” position precisely is uncertainty in momentum.

[E2] Landauer’s principle (Established, 1961): Erasing one bit of information requires dis-
sipating at least kT In 2 energy into the environment.

[E3] Decoherence theory (Established, 1980s—present): Quantum superpositions evolve into
classical mixtures through interaction with environmental degrees of freedom. This is an
irreversible process.

[E4] Spectral gaps on graphs (Established): The graph Laplacian eigenvalue \; determines
the timescale for relaxation/mixing on the graph.

[C1] Symmetry conjecture (Conjectured): Just as h sets the cost of measuring (Being —
Knowing), kT sets the cost of becoming definite (Knowing — Being). These are “dual
tolls” at the quantum-classical boundary.

[C2] Geometric realization (Conjectured): The spectral gap ratio between code (o = 5)
and emergent (o = 6) layers determines the relative cost of classical existence in each
geometry.

[C3] Exchange rate interpretation (Conjectured): The ratio R = kT In2/hw determines
whether quantum or classical dynamics dominates at a given frequency and temperature.

What is claimed: Steps [E1]-[E4] are established physics. Steps [C1]-[C3] are conjectures
that assemble these established results into an interpretive framework. The Certainty Corollary
is not derived from axioms but proposed as a conceptual synthesis.

The Heisenberg uncertainty principle bounds measurement: Az - Ap > h/2. We propose
(not derive) a symmetric “Certainty Corollary” from graph structure that may bound the cost
of classical existence.

C.2 Spectral Gap and Momentum Resolution

On a discrete graph G, the Laplacian L = D— A has eigenvalues 0 = A\g < A1 < ... < Ay_1. The
spectral gap A1 is the minimum non-zero “momentum quantum”—the smallest distinguishable
excitation energy.

Graph a )\ (spectral gap)
Icosahedron (Code Layer) 5 2.764
Circulant C12(1,2,3) (Emergent) 6 3.268
Ratio 5/6 0.846

The spectral gap ratio A9 /A8 — (0.846 ~ 5/6 is the inverse of the r-ratio from
Section Bl
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C.3 The Heisenberg—Certainty Duality
The following table presents the proposed symmetry (labeled [C1] above):

Heisenberg (Uncertainty) Certainty (Corollary)

Direction Being — Knowing Knowing — Being
Process Measurement Decoherence
Bound Az - Ap > 5/2 Eclassical = Nbits - kT 1In?2
Currency h (action quantum) kT (thermal quantum)
Cost Phase space uncertainty Energy — mass
QUANTUM CLASSICAL
(Superposition) (Definite state)

Resolution cost: h

Certainty cost: kT

Figure 6: The Bidirectional Information Cost at the Quantum-Classical Boundary.
Schematic of the proposed “Certainty Corollary” ([L3]—interpretive hypothesis, not derived).
Resolution cost (A, leftward arrow): Heisenberg’s uncertainty principle sets the minimum
energy hw required for a classical observer (“Knowing”) to extract information from quantum
reality (“Being”). Certainty cost (k7T, rightward arrow): Landauer’s principle sets the mini-
mum energy k7T In 2 required for quantum superposition to collapse into classical definiteness.
The exchange rate R = kT In2/hw determines which cost dominates: R < 1 (quantum regime,
measurement-limited), R > 1 (classical regime, thermalization-limited), R = 1 (crossover).

C.4 Physical Interpretation

e /1 resolves phase space: The Heisenberg limit Az - Ap > h/2 sets the minimum grain
of knowable position-momentum. To probe finer structure, actuality must pay energy.

e kT resolves probability space: Landauer’s principle [19] states that erasing 1 bit costs
kT In2 energy. To become classically distinct (probability 0 or 1 rather than superposi-
tion), a state must pay this thermal toll.

e Mass as frozen information (conjecture): The energy cost of classical certainty
(N-kT In2) may be interpreted as contributing to rest mass via E = mc?. This speculative
identification—that mass is in part the “receipt” for classical existence—is not derived but
suggested as a research direction.

C.5 The Exchange Rate
For a process at frequency w and temperature T, the two tolls are:

FExnow = hw  (cost for being to know) (36)
Eve = kTIn2 (cost for knowing to be) (37)

The exchange rate is their ratio:

kT 1In?2 1
= —B—W-hﬂ (38)
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where § = 1/kT is the inverse temperature. This is the inverse Boltzmann factor—the partition
function is the toll booth.
The crossover condition R = 1 defines the quantum-classical boundary:

h

Tcrossover — m (39)

At room temperature (7" = 300 K), Terossover & 37 fs. Processes faster than this are quantum;
slower processes are classical.

Regime Condition Interpretation

Quantum R < 1 (hw > kT) Being can afford to know
Classical R > 1 (kT > hw) Knowing can afford to be
Crossover R=1 Tolls balanced

C.6 Connection to Decoherence Theory

This framework unifies several established results:

e Zurek’s decoherence time [20]: 7p ~ h/(kT - A\?) where ) is the thermal de Broglie
wavelength. The h/kT ratio governs the quantum-classical transition.

e Lloyd’s computational limits [2I]: Maximum operations per second = 2E/(wh) (h
limits knowing); maximum bits = S/(k1In2) (kT limits being).

e Verlinde’s entropic gravity [22]: Gravity as entropic force F' = T'VS connects the kT
toll to emergent spacetime geometry.

The 7-ratio 6/5 = 1.20 quantifies this: transitioning from the Code layer (o = 5) to the
Emergent layer (o« = 6) costs a 20% energy overhead—the price of classical coherence.
C.7 DC Bias and the Arrow of Time

The connectivity difference Ao = @emergent —code = 1 introduces a DC bias toward classicality.
Define the asymmetry parameter:

Aa

Acode

1
A= =+ =020 (40)
This is the same geometric factor that appears in the Cabibbo angle (Paper A): the prob-
ability 1/acoge = 1/5 of selecting one neighbor at an icosahedral vertex. The 7-ratio can be

written: N
Tratio = emergent _ 1+A=1.20 (41)

Qcode
Each edge acts as a decoherence channel—a “toll booth” where quantum coherence pays
the Landauer cost k7T In2 to become classical. More edges means more opportunities for this
conversion:

kT 1n?2
hw

The DC bias creates irreversibility. Decoherence (AC — DC) requires crossing any one
of a edges; recoherence (DC — AC) would require simultaneously reversing all o channels:

Rei(a) = a x Ry = v x (42)

Pdecohere a a+1
Precohere (1/a)a ( )
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For o = 5: this ratio is 5° = 15,625 to 1 in favor of classicalization. In this interpretation,
the arrow of time would emerge from connectivity asymmetry.

Physical interpretation (conjectured): The geometry (connectivity a) may implement
the thermodynamic bias. The emergent layer’s extra edge would act as a “leak” that drains
coherence, making classical reality stable.

Technical summary: The resolution cost i and the certainty cost k7 In 2 represent conjugate
information prices at the quantum-classical boundary. At the crossover (R = 1), these costs
balance.

Status: [L.3] Hypothesis—connects established physics (Heisenberg, Landauer, E = mc?,
Zurek, Lloyd) in a novel interpretive framework.
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